





Let  be a finite set of points in  , the of s the
triangulation of so that it satisfies for any simplex: there are
no points in  inside the circumsphere of any simplex.
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We define an as

where we choose and denote all possible triangulations of by using the points
m

Proof.

For a given convex (or concave) function and a given point set
is a of respect to  if it satisfies



Let be the triangulation obtained by the projection of the lower convex hull

of the lifting points. For any convex function , i.e.
For any
Proof.
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Let stand for the set of all triangulations with at most  wvertices. Given
a continuous convex function on  and , a triangulation 18 if

Given and a convex function , an optimal triangulation in
erists.

Proof.



For a convex function

Proof.

If triangulation is optimal in the sense of minimizing for a convex
function  in , then for an interior vertex , we have
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Let and satisfy assumptions (A1) and (A2). The following error
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estimate holds:

for some constant
Suppose there is a family of triangulations of  satisfying

where is the element number of the triangulation, then for a strictly convex (or concave)

function , we have:
v -

The equality holds if and only if all edges are asymptotic equal under the metric
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For a strictly convezr function and sufficient large , the triangulation
which satisfies assumptions (A1) and (A2) is a nearly optimal triangulation.









